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hence the line y = Q,x + z=0 is a torsal generator and x + z = 0 is the torsal plane. The simple conic passes through the point of intersection of the three double conies and touches the generator x = 0, y = 0.
If/+<7 = 0 the conic will be factorable. The rectilinear directrix is x + z = 0, hz --fw = 0.
If the simple conic be required to intersect c' B in a second point, the former must break up. When the scroll belongs to a linear complex, the complex must be special. A quintic scroll which has three double conies which touch the same line at the same point, does not exist.
Every CONSIDER a surfaee S referred to a general system of parametric lines, u = const., v = const. Denote by x, y, z y the cartesian coordinates of a point on S and X, Y, Z, the direction cosines of the normal to the surface. As usual, we put « *-z(£)", *-E££, S-E(£)', and W />-E*£, "-•£*£;. "--E*».
F~'
When the parameter curves are the lines of length zero, E= 0 = 0, and the Codazzi equations * reduce to the simple forms
The expression for the mean curvature f becomes Theorem II is not restricted to surfaces of constant mean curvature, but, as we shall see, is true of all isothermic surfaces. Let S be an isothermic surface ; then its linear element can be brought to the form (6)
where X is a function of u x and v v and the curves u x = const., v 1 = const, are the lines of curvature. Now the lines of length zero are given by
where u and v are the parameters of the lines of length zero. From (7) it follows that, if the surface is referred to lines of length zero, the equation of the lines of curvature is du 2 -dv 2 = 0, and for a general choice of parameters this would be
where U is a function of u alone and F is a function of v alone. Comparing this equation with equation (5) 
